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NGUYEN VU THANH - TRAN MINH CHIEN
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%f(};{ NHA XUAT BAN Ban vj lién ké? -
us we: DAl HOC QUOC GIA HA NOI Cong ty ses hoahdng




Py néi ddu

Quyén sach GIAI BAI TAP HINH HQC 11 nay dugc
bién soan theo chuong trinh Hinh hoc 11 hién hanh,
dugc trinh bay nhu sau:

- Tom tét kién thuc.
- Phuong phap giai bai tap.
— Baitép lam thém.

Nham giup cdc em khéng co diéu kién 6n tap theo
nhém cé 1ai liéu tham khdo 6n tap, rén luyén hodc d&
so sdnh voi két qua 1y 6n tap 6 nha cda minh.

Quy thay c6 va quy phu huynh xem diy nhu (ai liéu
tham khao thém.

Chung t6i xin chdn thanh dén nhdn y kién xay dyng
tu quy déc gia.
NHOM BIEN SOAN

GBT HINH HQC 11 - 3



C'ruong I. PREP DO1 HINH VA PHEP DONG DANG

TRONG MAT PHANG

$1. PHEP BIEN HiNH
§2. PHEP TINH TIEN

A. KIEN THUC CO BAN

1.

Pinh nghia phép bién hinh

Quy tdc dit wong ng mdi diém M clha mit phing vdi mot diém xédc dinh
duy nhdt M’ cia mat phing dé dude goi la phép bién hinh trong mat phing.
Pinh nghia phép tinh tién

Trong mit phing cho vectd V. Phép bién hinh bi€n mdi diém M thianh diém

T,(M)=M < MM'=7.

Cac tinh chat

a. Tinh chdt 1: Né&u T, (M) =M, T;(N) = N'"thi M'N’ = Mﬁ va wr do suy ra
M'N' = MN.

b. Tinh chdt 2: Phép tinh ti€n bi€n dudng thing thainh dudng thing song
song hodc tring vdi nd, bi€n doan thing thanh doan thing bing nd, bién
tam gidc thinh tam gidc bing nd, bién dudng tron thanh dudng tron cung
bin kinh.

Biéu thuc toa dd y .
n . « - %
Trong mit phing toa dd Oxy cho phép tinh tién theo Ui = (a; b) /M'
o ke e . |x'=x+a
Gia st T, M(x; y) > M'(x’;y"). Tacé: { M "
y=y+b O X

. PHUONG PHAP GIAI BAI TAP
- Ching minh ring: M'=T.(M)>M =T (M.

Gidi

Taco: M = T.(M)<> MM’ =v <> MM=-v &M= T (M)
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2. Cho tam gidc ABC ¢6 G 1A trong tam. Xdc dinh dnh cla tam £id: ABC qua

phép tinh Q&'gﬁ@&%gg@ RO %o 'di &dxﬁxﬁm $20 cho phép tinh G€n thew
vectd AG bién D thanh A.

r%,f- i
jga ﬁ§§’
%l

- l? »gwﬁ t"‘é,v“’ ;

Dung c4c hinh binh hanh
ABB'G va ACC'G. Khi d6 dnh
cda tam gidc ABC qtﬂ_‘phép
tinh ti€n theo vects AG: El@ Lam
gidc GB'C'. ‘ o
Dung di€m D sao cho A 1A trung
di€m cda GD. Khi d6

DA = AG. Do d6 To(D)=A.

3. Trong mit phang toa cm Oxy cho veua Vo= (-1 '2), hai diém A(3; 5),
B(~1; 1) v dudng thing d ¢6 phitdng trinh x = 2y + 3= 0.

a) Tim toa do cia cdc dxfm A, B’ lheo lhu s 1a'dnh ¢ia A, B'qua phép ttinh
. tién'theo V. ‘ . (e g

b) Tim toa d6 cta di@m‘(‘,‘- sao '¢ho A'la‘dnh céia C qua phép tinh ti€n theo' V.
¢) Tim phuong trinh ciia dudng thing d"1a anh/cha d qua phép tinh ti€n theo W.

Gidi .
- e |
Bi€u thirc: loa dd cia phépiinh ti€n'T; 1a {x' il & {x' %
y'=y+b yFy+2
ArbS200 L nis
' *a) Tox{ d(} A' %a énh t'ua Aqua T~ ié > AN2:7)

TUGng w T, (B) ='B(<2: 3)
b) A=T,(C)=>C=T_ ;(A)=(4;3).
© C'Qi-'\.M(?(;é:y) thubed, M' =T; (M) = (x';y)..
| Khidox'=x-1,y'=y+2hayx=x"+1,y= y' =2
TacoMed & x-2y+3 0¢:>(x+l)—2(y—2)+3 O
< x'-2y'+8=0< M e d' ¢6phudng trinh x -2y + 8 =0.
Viy d' ¢6 phudng trinh x - 2y + 8 () D D o

4. Cho hai dudng thing a va b song song vdi nhau Hay Chl ra mm phcp tunh
ti€n bi&n a thanh b. C6 bao nhiéu phép lmh ti€n nhy the?
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v

gidi
[.+y hai dicm A va B bit ki theo thd wf thudce a va b. Khi dé phép tinh ti€n
thzo veetd AB s¢ bién a thanh b. Viy ¢6 v0 s0 phép tinh tién bi¢n a thinh b,

. BAI TAP LAM THEM
. MOt hinh binh hinh ABCD c¢6 hai dinh A, B ¢6 dinh, con dinh C thay ddi trén

not dudng tron (O). Tim quy tich dinh D.
Hudng ddn
ABCD 12 hinh binh hinh nén: CD = BA . Phép tinh
ti’n Ty bi¢n C thay doi trén dudng tron (O) thi
q1y liLh dinh D la dudng tron (O’) dnh cia du’dng_. / /

udn (O) qua phép tinh tién T

Cho hai dudng tron (O) va (O’) va hai di€ém A, B. Tim diém M trén (O) va
dém M’ trén (O) sao cho MM’ = AB. .
Huing Bt:z"nki
M cin tim 1d giao di€m (néu ¢6) cla (O ) véi dLr(:fng tron (Oy) dnh cba (O)
cia phép tinh tién AB.
Trong mat phéng, toa d6 Oxy cho duting tron (¢) ¢6 phu‘c}ng: trmh
x4y - 2x+4y-4=0.
“im anh cia (C) qua phép tinh ti€n veetd v =(=2:3).
PS (x + 1) +(y - 1)) =9.

§3. PHEP DOI XUNG TRUC

A. (IEN THUC CO BAN

1,

~Dwoing thiing d dude goi 1 true chia phép d6i

9inh nghia
cho dudng thing d. Phcp b:cn hinh bu,n moi M
li€m M thudc d thanh chinh no, bi€n mdi diém M
thong thudc d thanh M’ sao cho d 1a dudng trung T
“ryc cia doan thing MM! duge goi la phép doi M, v d

«img qua dudting thing d hay phép doi xing truc d.

«ng truc hodc don gian 12 truc doi xitng.

>hép d6i xirng truc d thudng duge ki hiéu 1a D, M

GBT HINH HOC 11 - 7



2. Biéu thic toa A
Biéu thifc toa d6 cia phép d6i xing qua truc Ox 13 {x’
y =-¥

3. Céc tinh chét
Tinh chét 1: Phép d6i xitng truc bao toan khodng cdch giita hai diém bat ki.
Tinh chdt 2: Phép d6i xitng truc bi€n dudng thing thanh dusng thing, bi¢n
doan thing thanh doan thing bing né, bi€n tam gidc thanh tam gidc bling
n6, bi€n dudng tron thinh dudng trdn cing bén kinh.

4. Tam d8i xdng cua m$t hinh
Djnh nghia: Dudng thing d dugc goi la tryc dGi xitng cia hinh - # néu phep
d6i xitng qua d bi€n .4 thanh chinh n6.

Khi d6 ta néi-# 12 hinh c6 truc d6i xifng.

B. PHUONG PHAP GIAI BAI TAP
1. Trong mit phing Oxy cho hai diém A(1; -2) va B(3; 1). Tim dnh cia A, B va
dudng thing AB qua phép ddi xitng truc Ox.
Gjidi |
Goi A', B' lin Iugt 12 anh cta A, B qua phép ddi ximg truc Ox ta c6: A'(1; 2),
B'( 3;-1).
Phuong trinh dudng thing A'B’ 1a:
-1 _ y-2 - x -1 :y»z
3-1 -1-2 2 -3
Pudng thing A’B’ |4 dnh cia dudng lhﬁng AB qua ph¢ép ddi xifng truc Ox.
2. Trong mat phing Oxy cho dudng thing d c6 phuong trinh 3x — y + 2 = 0. Viél
phuong trinh cia dudng thing d' 13 dnh clia d qua phép ddi xing truc Oy.
Gidi | |
LAy hai di€ém A(0; 2) va B(-1; -1) thudc d. Goi A'=D , ,(A), B'= D, (B).

& 3x+2y-7=0.

| -2
Khi 46 AY0; 2), B(1; —1). Viy d' ¢6 phung trinh -?:X——%—-.hay?x+y~2=().

Cdch khdc. Goi M'(x'; y') 1a dnh cia M(x; y) qua phép d6i xung truc Oy. Khi
d6x'=—x vay =vy.

TacoMed & 3x-y+2=0 -3xX-y +2=0 < M thujc dugng
thing d' ¢6 phuong trinh 3x +y - 2=0.

8 - cermeernoc 11



3.

Trong cdc chif cai sau, chit ndo 1a hinh ¢4 truc doi xing?

W
VI ETNAM
O

Trd téi: Cic chit cai V, 1, E, T. A, M, W, O la nhitng hinh ¢ truc d6i xing.

LY

C. BAI TAP LAM THEM

1.

Trong mat phﬁng toa do Oxy, cho dudng tron (€): (x - 1y + (y + 1)’ = 4.

Vi¢'t phuong trinh anh cta () qua phép ddi xing ¢6 truc Ox.

bBap so: (x - 1 +(y-1) =4

Tam gidc MND goi I1a néi ti€p trong tam gidc ABC néu ba dinh cia MND

nim trén ba canh cha tam gidc ABC. Hay tim tam gidc ndi UCp tam gidc

ABC cho trude sao cho n6 ¢6 chu vi nhd nhat.

Fluing dan: D 1a chan duding cao AABC: M, N lan lugt la giao di€ém cla

DD, vdi AB va BC (véi Dy, D, 1a cic diém ddi xdng ciia D qua AB va BC).

Cho tam gidac ABC vadi truce tam H.

a) Chirng minh riing cic dudng tron ngoai iép cac tam gidc HAB, HBC,
HCA ¢6 bin kinh bing nhau.

b) Goi Oy, O,, Oy 1A tdm cdc dudng tron ndi trén. Chitng minh ring dudng
ron di qua ba diém O,, O, O, bing dudng ron ngoai Lép tam gidc ABC.

Huding ddn: Cic dudng ron ngoai iép AHAB, AHBC. AHCA ¢6 bdn kinh

bing vdi duting tron ngoai GEp (0) clia AABC do dicm doi xing cia H qua

cac canh AABC nim trén (O).
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§4. PHEP POI XUNG TAM

A.KIENTHUCCOBAN @ ¢ &+ =0 1 4/
thg 4~y ¥ il L4
1. Pinh nghia ™%,

Cho di€m 1. Phép bi€n hinh biéhdi€m I thanh chinh n6, bién mdi diém M
khdc I thainh M' sao cho | la uung dxem Lua doan lhéng MM dtfdc 201 1a

' phép d&i Ximg tim L.

Biéu thic toa 4o clia phép a6i xing qua g8c toa g =11/ [ 1T AR
s L+ v o Y gl i ol fad e el
Cho M(x;y), M'=D,(M) =(x"y), khi dé ,
M3 O umiiy 10h qoney e Y Ar¥ing

Tinh chat
Tink chir 1: N&u D,fM)——M’ vi Di(N)=N"'thi M'N' = ~MN W d6'suy ra

M'N'=MN.

Tinh chdt 2: Phép d0i xrmg‘ tim bién dudng thﬁng‘ thanh aufmg”ming
song song hoic trang vi né, bién doan thing thanh doan thing bing n
bi€n tam gidc thinh tam gidc bing no, bién du(‘sng wdn thinh ‘dudng iron
cung bdn kinh. : - nE ;

Tam d6i xiing ctia mdt hinh

Dmh nghm Diém I dugc go: 12 tAm doi xl‘mg cla hmh /f néu phcp doi Ru’ng

| ‘lam 1 blen 7fthanh chmh né

.. Khi d6 1a noj, // la_hinh c6 1dm dm xu:ng

. PHUONG PHAP GIAI BAI TAP | i
. Trong mit phing toa dd Oxy cho diém A(=1; 3) va dudng thing d ¢6 phuong

trinh x — 2y + 3 = 0. Tim dnh cia A va d qua phép doi xitng tim O.
Gjldi
Anh ciia A qua phép ddi xing taim O 1a A'(1; -3).
Goi M’(x"; y') 1a dnh clia M(x; y) qua phép d6i xing tdm O.
Khidé x’ = -x,y’ = -y.
TacoMedox-2y+3=0x"+2y +3=0x"-2y -3=0
<> M’ thudce dudng thing d’cé phuong trinh x - 2y - 3 = 0.
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2. Treng cidc hinh tam gidc déu, hinh binh hanh, ngi gidc déu, lue gidc déu,
hirh ndo ¢6 tam doi xing?

“L+d té1: Hinh binh hanh va luc gide déu 12 nhitng hinh ¢6 tam déi xing.

w

. Tin mot hinh ¢6 vO sO tdm ddi xitng.
“C+d téi: Duong thing va hinh gédm hai dudng thing song song la nhing
hipy ¢6 vO sO tam ddi xing.
C. BAI TAP LAM THEM
1. Chy goc xAy va O la mot di€m trong goc d6. Hiy dung qua O dudng thing
¢dthai canh Ax, Ay theo thi W tai M, N sao cho O 1a trung diém ctia MN.
Hidng ddn: Dung di€ém A’ doi xitng vdi A qua O. Khi d6 wr gidc AMA’'N la
him binh hanh.
2. Duig hinh binh hanh biét trung diém ba canh ctia né 1a M, N, P.

Hidng ddin: Dung N’ 12 di€m dGi xing cia N qua trung diém cla MP.

§5. PHEP QUAY

A. KIEN THUC CO BAN

1. Bim nghia
Che di€m O va géc lugng gidgc a. Phép bicn
hint bi¢n O thianh chinh n6, bicn mbi diém M
kha: O thanh di€m M’ sao cho OM' = OM va géc
lughg gidc (OM; OM’) biing a dude goi la phép
quas tam O goc «.

bPién O dugc goi la tim quay con o dﬁgc goi la goc. Quasy,'cﬁa bﬂépqu_ay do. "
Phé quay tim O géc a thudng duge ki hi¢ula Qg -

2. Tint chat ‘ Pt A asah B
Tini chat 1: Phép quay bdo toan khodng cich g ;,nm hai diém bat ki.

Tini chatr 2: Phép quay bi¢n dudng lhang lhanh dmjn;a thing, bi€n d()dn
thdig thanh doan thi ng bidng nd. bin tam gidc thanh tam gidc bing nd, bi¢n
duthg tron thanh dudng tron cling bdn kinh.
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